Plane

1 Mark Questions

1. Write the vector equation of the plane passing
through the point (a, b, c) and parallel to the

plane G+ j+k =2 Delhi 2014

The required plane is passing through the

point (a,b,c) whose position vector is
ﬁ

B ai + bf + ck and is parallel to the plane

=8 A 5 ~

r-(i+j+ k=2

So, it is normal to the vector

=4 . s 2
n =i+j+k

Hence, required equation of plane is

p—

re f+f+ )=(af+bf+c!2)-(f+f+§)
?-(f+f+§)=a+b+c (1



2. Find the length of the perpendicular drawn
~from the origin to the plane 2x—3y +6z+21=0.
All India 2013

f”) ‘The distance from ponnt (xl, Vi zl }to the plane

Ax+By+Cz+D=0is A 4 B viaek D
\/A2+82+C2

Given, equation of plane is
2x—3y+6z+21=0 vl 1)

.. Length of the perpendicular drawn from the
origin to this plane

2 U=3s0+60+21 [U=040+21
e o | [TReors
_ 21 _ 21
Jag 7
=3 units (1)

3. Find distance of the plane3x— 4y +12z =3
from the origin. Delhi 2011

. Given equation of plane is
3x — 4y +12z — 3 =0 and the point is (0,0, 0).
We know that, distance of the plane
Ax + By + Cz + D =0 f=~= +he point (X, ¥4, Z4)
is



|Ax + By, + Cz, + D
JAZ + B2+ C2

Here, x, =y, =2z, =0

and A=3,B=-4C=12,D=-3

.. Required distance

_ o) - 40) +120) - 3|

V3?2 + (=27 +(12)?

-3 3

J9+16+144 V169

4. Write the intercept cut-off by plane
2x + y — z =5 on X-axis, HOTS; Delhi 2011

d=

3 umts (1)

= d=

F

{ ) Flrstly, we convert the gwen equatuon of plane

in intercept form, i.e. = 24 i:+ = =1, which cut
a C

the X-axis at (a, 0,0).

Gwen equation of plane is 2x +y—-2z=5.
On dividing both sides by 5, we get
75
—+
5 5 5
A + _!'_[_ + _Z__ =1
(5] 5 [-5)
2 ;
On comparing above equation of plane with
the intercept form of equation of plane
'_X_ + Z + E_ =1
a b c

where, a = x-intercept, b = y-intercept and
Cc = z-intercept

5
We get, a=—
g 2

— . B
i.e. intercept cut-off on X-axis = 5 (1)



5. Write the distance of following plane from
origin,2x -y +2z+1=0. All India 2010

Do same as Que. 3 l:Ans. % unit}

6. Find the value of A, such that the line
psd gyl 2+5

is perpendicular to the

6 A —4
plane3x—-y—-2z=17. All India 2010C
Given, line x«~2=y—1=z+5 IS
A —-4
perpendicular to plane3x -y — 2z = 7.
Therefore, DR’s of the line are proportional
to the DR’s normal to the plane.
B2 .= = 2=—A
3 -1 =2
= A=-2 (1)

4 Marks Questions

7. A plane makes intercepts -6, 3, 4

respectively on the coordinate axes. Find
the length of the perpendicular from the
origin on it. Delhi 2014C



Given, intercepts on the coordinate axes are
(-6, 3, 4), then equation of plane will be

or E. BV Y08 =, (1)
3 4

Distance of a point from plane is given by
_laxl + by, +cz; +d
| Va2+b?+c?

Here, distance of origin from above plane
oo
6 3 4
(-0
i + s + .
6 3 4

D (1)

a1 =12 i
11, 1| |[29] 29

36 9 16 144

Hence, required length of the perpendicular

, 12
from origin to plane is —— units. (1)
V29

8. Find the distance of the point (-1, - 5, - 10)
from the point of intersection of the line

- A~ A A ~ - A
r=2i —j+2k+AQ3i +4 +2k)and the

— A ~ ~
plane r-(i —j + k) = 5.
Delhi 2014; All India 2014C, 2011; HOTS



| () Firstly, convert the given equations of line and |
. * plane in cartesian form and then solve them to |
| get their point of intersection, then use
| distance formula to find the required distance. |

| S

Given equations of line and plane are
~— e &= ~ A A ~
r =i —j+2k+AQ3i +4j+2k
— A i ~
and r-(i—j+k=5
Above equations in cartesian form can be
written as
x=2 y+1_2z-2
3 4 2
and X-y+z=5 (i) (D)

()



Let the point of intersection of line (i) and
plane (ii) be Q.
-2 wel Z-
3 4 2
x=2 _ A, yri_
3 4
=) x=3A+2,y=4A-1,z2=2A+2
. Any point Q on the given line is
QBA+2,4L-12A+2) (1)

Since, plane also passes through Q, so
coordinates of Q will satisfy Eq. (ii).

BA+2)-(@A-1N+Q2A+2)=5
= 3A+2-4A+1+2A+2=5
=5 A=0 (1
On putting A =0inQ BA +2,4A —1,2A + 2),
we get the point of intersection as
Q2,—12).

Now, the required distance
PQ =2 + 12 +(=1+5%+(2 +10)2 =13

i _d2
"+ distance = (x = )" + (2 =)
+(z,— z,)?

=9 +16 +144

= 144+25
=169

=13 units '
Hence, the required distance is 13 units. (1)

Let

2=?L
z—2=

A

’

9. Show that the lines 2 —* =¥ =7 . 2+3
% & =

8 = &8 = e are coplanar.:
7 2 3 P Delhi 2014

and




Given lines can be written as
K—5 V¥—F T+l
4 4 -5
x=B y-—=4 z-—=5
7 1 3
On comparing both lines with,

(1)

and

X—% _¥Y—W & =& respectively, we get
a b b

x=5v=7z=-3,a=4b=4c=-5
and x,=8,y,=4,z,=5a,=7, by=]
If given lines are coplanar, then

| X2=% ya-n z,- 7|

a b, , |=0 (1)

| a b, ¢y |
8-5 4-7 5+3 3 -3 8
LHS =| 4 4 -5 |=|4 4 -5
7 1 3 7 1 3

=312 +5)+3(12 +35) + 8(4 - 28)

=3X17+3x%x 47+ 8(-249

=51+141-192=192 -192 =0 = RHS
Therefore, given lines are coplanar. (1)

10. Find the image of the point having position
vector i +3j + 4k in the plane

e -
ri2i—j+kl+3=0. All India 2014C

Given, position vector of point is (i + 3}: + 4Kk).

So, coordinates of point P are (1, 3, 4) and
vector equation of plane is
?- (2? —f + kh) + 3 =0, then cartesian equation
of planeis 2x -y + z + 3 =0.

Let Q be the foot of perpendicular from P on



the plane.
Pe (1,3, )

/ Q4 /2x—y'+z+3=0

iR (1)
Since, PQ is perpendicular to the plane.
Hence, Dr’s of PQ will be 2, -1, 1.
So, equation of PQ will be

x-1 y-3 z-4 .
R T Isay]
Coordinates of Q = 2A +1, - A + 3, A + 4),
also Q lies on plane, so it will satisfy the
equation of plane.

o 22A 4D - -A+3)+A+4H+3=0

= AA+2+A-3+A+4+3=0
= 6A = -6 |
— & =ea] (1)

So, coordinates of Q will be (-1, 4, 3). Since,
Q is the mid-point of PR and let R be (x, y, z),

then(x+1,y+3,z+4)5(~1,4,3} (1)

2 2 2
On comparing corresponding coordinates,
we get
X+

—— === Xx=-2=x=-3,

}Lgé=4:>y+3=8:>y:8—3:5



and wz—;—4=3=>z+4=6:>z:6-4:2

Hence, required coordinates of image point R
is (=3, 5, 2). _ (1)

11. Find the vector equation of the plane
through the points (2,1-1)and (-1, 3, 4) and
perpendicular to the plane x—2y +4z=10.

All India 2013



The required plane passes through two points

— —
P2,,-1)and Q (=13, 4. Let a and b be the
position vectors of points P and Q, respectively.

Then, a=2f+f—!2
iy & e ~
and b=-i+3j+ 4k
—s S 4
PQ =b- a=(-i+3] +4k - (2i +j -k
= —3i +2] + 5k (1)
g

Let n; be the normal vector to the given plane,

% -~ -~ -~
X—=2y+4z =10, thenn, =i - 2] + 4k.

%
Let n be the normal vector to the required

plane. Then,

| ¥
XxXPQ=|1 =2
-3 2

- -
1=N

Ul o

=i(-10 —8) = j(5 +12) + k(2 — 6)
=—18i —17] — 4k (1)
The required plane passes through a point

having position vector a = 2] 44 ~k and is
_>

normal to the vectorn,:—-18: T7} ~ 4k. So,
Its vector equation is
- — - =
_ r-n = a-n (1)
= - 4 - # A ~
= r-(-18i-17] —4Kk=Q2i+j - Kk
A=A8F =1 7] ~ak)
¥ = e A
= r-(-18i-17j-4k)=-36 =17 + 4
_>

r-(18i +17] + 4k) = 49 1)



12. Find the coordinates of the point, where the
X4 Y+l =2

line intersects the plane

x—y+z-5=0. Also, find the angle between
the line and the plane. Delhi 2013

Given equation of line is
X-2 y+1 z-2
= = - -_-;\_ Sd
3 < 2 Isay]

X=3A+2,y=4A-12=2A+2

Then, [BA +2),(4A 1), 24 + 2)] be any point
on the given line. | (1) .

This point lies on the plane x—y+z -5=0
BA+2)-(4A-1)+R2A+2)-5=0

= 3A+2—-4A+1+2A+2-5=0

=5 A=0 ..() (1)

. Point of intersection of line and the plane

=3x0+2,4x0~-12x0+2)=(2,-12) (1/2)

Let O be the angle between line and plane.

Then,
; al + bm+cn
sinf = e

a\,[a‘?+bz+c2\/!2+mz+;n2
Here, a=3. b=4 e=)i=1H==Lh=1
(3)(1) + 4(=1) + 2(1)

sinf = >
JI+16+4,1+1+1
s Sin8_3—4+2_ 1
v29d§ 87
& i
— 0 =sin! — (1%)
87

which is the required angle.



13. Find the vector equation of the plane which
contains the line of intersection of the planes

?-(f+2f+3§)--4=0 and -.:)‘(2? +f—§)+5=0
ind which is perpendicular to the plane
r (5i +3] —6k) +8=0 HOTS; Delhi 2013
Let the given equation of plane in cartesian
formbe m=x+2y+3z-4=0
and My=2x+y-z+5=0
Equation of plane through n; and 1, is
(x+2y+3z -4 +k2x+y—-z+5)=0
= x(1+2k +y2 +k+z3-k —4+5k=0 ...(0)
(1

This plane is perpendicular to the given plane

T 5i + 3}: - 612) + 8 = 0 whose cartesian
equation is
5x+3y-6z+8=0
s 5(1+2k+32+k-63-k =0
[ LIy +mm, +mn, =0]
= 5+10k+6+3k-18+6k=0

- 19k—7=0 = k=_— 2)
- 19

On putting k=-119 in Eg. (i), we get the

equation of plane as

x(1+]—i]+y(2+ij+z[3—-—z—)—4+§3=0
19 19 19 19

{33] {45] (50} 41
= X — [+y|—|+2z|—{—-—=0
19 19 19) 19

—- 33x+45y+50z-41=0 (1)



14. Find the equation of plane(s) passing through
the intersection of planes x + 3y + 6 =0 and
3x —y — 4z = 0 and whose perpendicular
distance from origin is unity.
HOTS; All India 2010C

) Firstly, write the required equation of plane as
* (x+3y+6)+ ABx— y—4z)=0. :
Then, convert the above equation in general
form of plane which is ax+ by+ c+ d=0.
Finally, use the formula for distance from a
point  (x,y;,z7) to the  plane "

ax+ by+ cz+d=0.

Let the required equation of plane passing
through  the intersection of  planes
X+3y+6=0 and3x -y -4z =0 be
(x+3y+6)+A3x-y-4z)=0 cukl3
Above equation can be written as
X+3y+6+3Ax—Ay—4Az =0
= X(1+3A)+yB-A)—4Az +6 =0 ...(i1) (1)
which is the general form of equation of
plane.
Also, given that perpendicular distance of
plane (i) from origin, i.e. (0, 0, 0) is unity,
i.e. one.

(1+3M0)+3-A)0)-4A0) +6

JO+302 + G — 12 + (-41)?

-~distance of point (x, v;, z;) from a
planeax + by + cz + d =0isgiven by

ax; + by, +czi+d|

d =

Ja 268 |
here,a=1+3A,b=3—-A,c =—4A,
_(X'Ir Y1, Zi) = (0! Of 0) (1)




6 :1

= | — — =
V14922461 +9+ A2 —6A +16A2

6
= : _ =1
V2647 +10
= 6 = 2612 +10
On squaring both sides, we get
36 =261° +10

= 26A%=26 = AM=1 = Ai=11 (1)
Now, on putting A =1in Eq. (i), we get
X+3y+6+3x—-y—-4z=0
= _ 4x+2y -4z +6=0
sy 2x+y~22+3=0 —{
Again, on putting A = - 1in Eq. (i), we get
X+3y+6-3x+y+4z=0

= -2x+4y+4z+6=0

= x-2y-2z-3=0 ...(1v)
Eqgs. (iii) and (iv) are the required equations of
the plane. (1)

15. Find the equation of plane passing through
the point A(1, 2, 1) and perpendicular to the
line joining points P(1, 4,2) and Q (2, 3, 5).
Also, find distance of this plane from the line
X¥+3 y~3 @—~7

2 -1 -1 Delhi 2010C

Equation of plane passing through the point
A1, 2,1)1s given as
alx-1N+bly-2)+c(z-1=0 L) (1)
[ equation of plane passing through
(%, ¥4, ;) having DR’s a, b, c is
alx—=x)+bly-y)+c(z—-2z)=0]
Now, DR’s of line PQ, where P(1, 4, 2) and



Q(2,3,5)are2-13-4,5-2,i.e.1, -1 3.
Since, plane (i) is perpendicular to line PQ.

~. DR’s of plane (i) are 1, -1, 3

i.e. aslbzs—-lc=3 (1)
On putting values of a, b and c in Eq. (i), we
get the required equation of plane as

Mx=1)-1y-2)+3@Z-1=0
= X=1-y+2+3z-3=0
= x—y+3z-2=0 ...(ii)
Now, the given equation of line is
X+3 ¥=3 Z~F
2 -1 -
DR’s of this line are (2, =1, —1) and point
(-3, 5, 7).
Now, From Egs. (ii) and (iii), we get
2M=-1-1-13)=2+1-3=0
| [by using a, a; + b; by + ¢y ¢, =0]
So, line (iti) is parallel to plane (i).
. The required distance = Distance of the
point (-3, 5, 7) from the plane (ii)

3M+GEEN+70Q) -2

J02 + (=12 + )

... (i11) (1)

d=

~distance of the point (x, y;, Z)
to the plane ax+ by +cz +d =0is
_|ax + by, +cz; +d|
Jaz +b%+c?

| -3-5+21-2|_| 11 |_| 112
J1+1+9 V11 V11

= /11 units (1



16. Find the cartesian equation of the plane
passing through points A (0, 0, 0) and

B (3,—-1,2) and parallel to the line
= V43 I+l

1 i1 & 7 ° HOTS; Delhi 2010

The equation of any p!ane passmg through
(X1, y1, 21)Is ._

a(x-x)+b(y—y)+clz—z)=0.

This pTane is parallel to the line

Arky Y Mo &7F5
23} bl G

. Normal to the plane is perpendicular to the
Ilne i.e. aa; + bb; + cc; = 0. Use these results

!
1
|
1
|
|
I
s
!
i
1| and solve it

Equat:on of plane passing through the po:nt
A(0,0,0)is

alx-0+bly-0+c(z-0)= |

= ax+by+cz=0 ..(iX1)
[using one point form of plane

alx-x)+bly-y +clz-2z)=0]

Given, the plane (i) passes through the point
B3, -1 2).

. Putx=3,y=-1and z =2 in Eq. (i), we get
3a-b+2c=0 (1)
Also, the plane (i) is parallel to the line
X=#_ w43 Z+]
1 -4 7
a(l) + b(-4) +c(7)=0
if plane is parallel to the line, then normal

to the plane is perpendicular to the line.
s dqdn + b1b2 + CCH = 0

= a-4b+7c =0 L1 (1)

Now, on multiplying Eq. (iii) by 3 and
subtracting it from Eq. (ii), we get

-~ ] “ [ Fal



Ja— b+ ZC=U
3&;12b+ 2ie=1

1b-19¢c =0

= b=—c

On putting b = % in Eq. (ii), we get

3a—%+2c=0' — 3a+—19c+22c=0
= 3a+§5=0 = Ba=—3—c
11 11
az-—.E_ (‘I)
11

Now, putting a = — % and b = % c in Eq. (i),

we get the required equation of plane as

19c¢
X+ y+cz=0 .
11 11
o i +z=0
11 11
[dividing both sides by c]
=% -x+19y +112 =0
[multiplying both sides by 11]
—_* x—19y -11z =0 (1)

17. Find the equation of plane that contains the
point (1, -1, 2) and is perpendicular to each
of planes2x +3y —2z=5and x + 2y -3z =8.

Delhi 2009C



Q The equatlon of any plane passmg through
(x> 31,21) 18
alx—x)+ by-y)+clz=2)=0
and if it is perpendicular to the planes
a;x+ by y+ c;z+dy, =0and
a,x+ by y+ cpz+d; =0.
Then, aa; + bby + ¢c¢c; =0
and aa, + bb, + cc; = 0.

Llse these results and solve it

Equatlon of plane passing through point
(1, -1, 2) is given by

a(x—1)+b(y+1)+c{z—2)=0 () (1)

Now, given that plane (i) is perpendicular to
planes

2x+3y—-2z=5 (1)
and x+2y—-3z=8 suiliil)
We know that, when two planes
ax + by+cz=dyand a)x+ by +cyz =d,
are perpendicular, then

aa, + byb, +¢cic, =0 (1)
2a+3b-2c =0 [from Egs. (i) and (ii)]

and a+2b-3c=0 I[fromEgs. (i) and (iii)]
=5 2a+3b=2c ...(iv)
and a+2b=3c . (v)(1)

On multiplying Eq. (v) by 2 and subtracting it
from Eq. (iv), we get

2a+3b =
2a+ 4b=_6¢C
—b=-4c
=% b =4c
On putting b = 4c¢ in Eq. (v), we get
a+8c =3c

= a=-5c



Now, on putting a = —5c and b = 4c in Eq.
(i), we get the required equation of plane as
-S5cx-N+4cy+N+c(z-2)=0
= =S5Kx-1V+4y+1)+(z-2)=0
[dividing both sides by c]
= —5x+5+4y+44+2z-2=0
> 5x—-4y—-z~-7=0 (1)

18. Find the coordinates of point, where the line
X &l Y+d I43

2 3
X+y+4z=6. All India 2008

meets the plane



Given equation of line is
x+1 y+2 z+3

!

2 3 4
then J'<+1___:y+2=z+3=7L [say] (1)
3 4
= x=2A—-1y=3A-2,z=4A-3
Q .
P

. Any point on the line is
PQA—13A—2,4A -3 (1)

Now, as point P lies on the plane. So, it will
satisfy the given equation of plane which is

X+y+4z =6
RA-1N+BA-2)+4(41L-3)=6 (1)

— 2A-1+3A-2+16A-12=6

=% 2. -21=0 = 21A =21

= A=1

On putting A =1in point P, we get the
required pointP (2 -1,3-2,4-3)=P(111).

(1)

6 Marks Questions

19. Find the equation of the plane passing
through the line of intersection of the plane

—_ A ~ ~ ~ ~ s
r-(+j+k=1and r-(f +3j —K) + 4 =0 and
parallel to X-axis. All India 2014C, 2011



Given equation of planes are
- —

rG+j+R=1and r-Qi+3j-Kk+4=0

Above equations can be written in cartesian
form as

X+y+z-1=0 okl
and 2x+3y-z+4=0 (i) ()

Let the required equation of plane passing
through the line of intersection of planes (i)
and (ii) be

X+y+z-D+AR2x+3y-z+4=0
=X+y+2z2-1+2Ax+3Ay-Az+4A =0
=x(1+20) +y(1+30)+z(1-A)

+ (=1+ 4A) = 0...011) (1)



. DR’s of the above planes are 1+ 24, 1+ 32,
T-A.

Also, DR’s of the X-axis are (1, 0, 0). 1)

Also, given that the above plane (iii) is
parallel to the X-axis.

10+ 20 +00+30)+01-2)=0 (1)

a, +bby,+c,c,=0 I
where, a2, =1+2A, b, =1+3\,¢c,=1- A
and a,=1b,=0,c,=0

= 1+2A=0 = 2A=-1

e

=5 A=—

(1)

N =

On putting A = = 1/2 in Eq. (iii
required equation of plane as

x(1—%x—1]+y(1—§)+z(1+1)
2 2 2
+(—1—i)=0
2,
=¥ 3FZ B

= —=~+—-—=0=y-324+6=0
2 2 Z

. The vector equation of plane is

e A~

r-{j—3k+6=0. (1)

S

, we get the

20. Find the distance between the point (7, 2, 4)
and the plane determined by the points
A2,5,-3),B(-2,-3,5)and C(5,3, -3).

Delhi 2014



Given points are A(2,5,-3), B(-2,-3,5) and

C(5,3,-3).

Consider (x;, y;, 21).= A2,5,-3)
(X9, ¥9, Z9) =B (-2, -3, 5)
(X3, Y3, 23) =1 (5, 3, - 3)

and

(1)

Now, equation of plane passing through three
collinear points is

X—X|
’ XZ_X1
X3 =%

(1

On putting the values of three points , we get

X—2
-2 -2
5-2

=

Y- Z-1z
Yo—WV 227 %4
Yi—V¥1 23— Z
y—-5 z+3
=4—3 %3
-3 —3+4
¥—=2 w=5 z#J3
-4 -8 8

3 —2 0

(1)

(x-2)0+16) —(y — 5)(0 — 24

+(z+3)8+24 =0



=16x-32 +24y-120+322+96=0

=5 16x+ 24y +32z-56=0

=3 2xX+3y+4z-7=0 ...(0) (1)
Now, distance between the plane (i) and the
point(7,2, 4) is

2(7)+32) + 44 - 7

1)
V22 + 32 + (42

d=

"+ distance between the plane
ax + by + cz + d =0 and the point

ax + by, +cz; - d
Va2 + b? + 2
144+6+16 - 7|

V29 |

29
J29

= /29 units (1)

(y;2) is

:

21. Find the equation of the plane through the
line of intersection of the planesx+y+z=1
and 2x + 3y + 4z = 5, which is perpendicular
to the plane x — y + z = 0. Also, find the
distance of the plane obtained above, from
the origin. All India 2014



Equation of any plane through the line of
intersection of the given planes x+y +z =1
and2x + 3y + 4z =5, is
x+y+z-1+A2x+3y+4z-5=0

= 1+2A) x+(1+3A) y

+(1+4N) z-1-5A=0 ...(0) (1)
The direction ratios a,, b, ¢; of the plane are
2A+1),3A +1) and (4A +1).
Also, given that the plane, i.e. Eq. (i) is
perpendicular to the plane x-y+z =0,
whose direction ratios a,, b,, ¢, are 1, —1and

i (1)
Then, aqa, + bjby +c,c, =0
= 11+2A)-101+3A0)+11+40) =0
= 1424 -1=-3A +1+ 41 =0
i 3A=—1=>A=—g- (1)

On substituting the value of A in Eq. (i), we
get the equation required plane as

(1—3]x+ 1—3])/4-[1—ﬂ z—1+§~=0
. 3 3 3 3

1
=) -X—-1—2+z:0

= Xx—z+2=0 (1)



Now, we know that, distance between a point
P(x;, 4, z;) and plane Ax + By + Cz =D is
d - AX~| +BY1 +CZ‘I ""‘D

\[ A%+ B4 €7
Here, point is (0,0,0) and the plane is
Xx—Z+2=0.
. Required distance,

(1

|1x0+0+(—1)x0+2|_ 2 — V7 unit

d=| 2
I O E . )

(1

22. Find the distance of the point (2,12, 5) from
the point of intersection of the line

F =20 — 4] + 2k + A (3 + 4] + 26) and the

=¥ 2 T
plane r-(i —=2j +k) =0, All India 2014



Given equation of line is

T =20 -4 +2k+AGi+4] 4200 .00
and the equation of plane is

r(-2j+kb=0 (i)

(M

For point of intersection of Egs. (i) and (ii), we
get

27 — 4] + 2k + A 37 + 4] + 2K)]
Ti-2j+k=0(
[on putting the value of 7 from

Eq. (i) to Eq. (ii)]
= 24+8+2+3A-8A+2A=0

= 12-3A=0
=4 -3A=-12 = A=4 (1)
On putting A = 4 in Eq. (i), we get

T =20 — 4] + 2k + 437 + 4] +2K)

=14i +12] + 10k (1)

Since, T is the position vector of the point
(14,12,10). (1)

~.Distance between the points (2,12, 5)
and (14,12,10)

=2 =142+ (12 -12)% + (5 - 10)?

= (=122 + (0)2 + (=5)
= 144 + 25
= 169

=13 units (1)



23. Find the equation of the plane that contains
the point (1, -1, 2) and is perpendicular to
both the planes 2x+3y -2z =5 and
x+2y — 3z = 8. Hence, find the distance of
point P(-2, 5, 5) from the plane obtained
above. Foreign 2014

Given point is (1, =1, 2) whose position vector
is E} =i ~f + 2k, |

Also, given equation of planes are
2x+3y-2z and x+2y-3z=8 (1)

Vector forms of these planes are
Ny=2i +3] —2kand N, =i +2] -3k (1)

Now, required planes is prependicular to
given planes, so the normal vector of the
required plane

i 7k
%
N=2 3 -2

1 2 -3

= (-9 +4) ~ (-6 +2) + k(4 -3)
= -5} + 4] +k _ (1)
So, the equation of the required plane is

- = -

(r—2)-N=0
S =G =] +20]-5i+4j+k=0 @)

& m w m
=r(-5i+4j+k+7=0 is the vector
equation and 5x —4y —z = 7 is the cartesian
equation of required plane. (1

Also, the distance of point P(-2, 5, 5) from the

plane obtained = |5(_2) —4(3} —(5) -
| V25416 +1

l"42 V42 units (1



24.ShowthatﬂmImes;}=6+f—ﬁy+k8f—ﬂ
and =(4i —k) +1(2i +3k) are coplanar. Also,
find the equation of the plane containing
them. Delhi 2013C

Given lines are ? = (i + f - 12} + AGI - f)
%

and r=(4i — f<\} + u(zf + 3kﬁ)

On comparing both equations of lines with

- - - !
r = a+ A b respectively, we get

3 4 A T & =
ay =i+ j— kb =3i—]
— n A A A
and a,=4i — k, by =2i + 3k (1)
¢ |||

k
then,ax5?2= 3 -1 0
2 0 3

=i(=3-0)—] (9 -0)+k0O +2)
=~37 9742k (1)



anda, -2 =@4i—k-(+j-k=31-] (@

- - —> e I ~
Now, (a; — &) - (by X by) =3i =)
(=3 =9j+2k)
=-9+4+9=0
Hence, given lines are coplanar. (1)
Now, cartesian equations of given lines are
x—1=y—1= z+1and
3 —1 0
x-4 y-0_2z+1
2 0 3
Then, equation of plane containing them is
X=X Y=Y Z-Z4

!

aj b, ¢ |=0
a) b, €2
x—1 y=-1 z+1
= 3 -1 0 |=0 (1)
2 0 3

= x-1)(=3-0-(y-10-0)
+(z+10+2)=0

= =-3x+3-9y+9+2z2+2=0

° 3x+9y -2z =14 (1)

25. Find the distance of the point (1, -2, 3) from
the plane x — y +z = 5 measured parallel to
the lineX=2 - ¥=3 _2+2

= 3 8 Delhi 2013C




Let P(1, — 2, 3) be the given point.

Given equation of line is
k=1 $P=3 Z+d

= K- 5a
5 3 - [say]

= x=2A+1y=3A+3,z=-6A-2
Any point on the line is

QA +1 3L +3,-6A - 2).
Now, direction ratios of PQ are

QA +1=13A+3+2,-6A-2-3 .
i.e. 2A, 30 +5,-6A - 5) (1)
According to question, the line PQ is parallel_
to the plane

X—y+2z=5

Therefore, normal to the plane is
perpendicular to the line.
i.e. a;a, +bby,+ccy; =0
L2MD) +GBA+B)(=1)+(-6A-51)=0 (1)
=  2A-3A-5-6A-5=0

- «71—10=0=:}.=:J7-—Q (1)



. Coordinates of Q are

afax(F)ris(F)a-o(5)-]

-13 -9 46
) 1
i.e Q[7,? 7J (1)

Hence, distance between the points

-13 -9 46
. 3) and ;
P(1,-2,3)an Q( e 7]
2 2 2
=J(:L%_1] EREERL
¥ F) 7

-+ distance
= i, — %) 4ty — )2 +zy ~ 2
(2 (2) ()
=.l—1 +|=]| +|—
7 7 7
=17J200+25+625

_ m;so _ 5../67>< 7 _ 5\/57 i

26. Find the equation of the plane passing
through the line of intersection of the planes
—3 A ~ A oA A
r(f +3))=6=0and 1 (37 =] — 4k)=0, whose
perpendicular distance from origin is unity.
All India 2013C



. = . A

Given planes are r -(i+3j)-6=0 and
b i@ e A

r -(3i —j — 4k) =0. The equation of any plane

passing through the line of intersection of
these planes is

~

o S & e & &
[r-G+3)—6]+A[r-Bi—j-4k]=0

== a - A
=r-[BGA+1i+3-A)j—4rk]-6=0...0) (1)

Given, perpendicular distance of origin from
this plane is unity.
(BA+1)%0+(3 - A)x0— 4% x0 -6

JBA+12 43 -1+ (40>
= 6=y9A2+1+6A+9+A2— 6L +16)%

=1 (1)

L
-

= 6=y26)2+10 (1)

On squaring both sides, we get
2602 +10=36 = 261A°=26

= =1 = A=+1 1)

On putting A = Tin Eq. (i), we get the required
equation of plane as

TG+ +B -1 -4k -6=0

s T4 +2] -4k -6=0 1)

On putting A=-1 in Eq. (i), we get the
required equation of plane as

?[(3(—1) o 1)? + @3+ 1)}: ~ 4(_1);2] ~6=0

sy FI-27 + 4} + 4kl -6 =0 )



27. Find the vector equation of the line passing
through the point (1, 2, 3) and parallel to the

— A A ~ — A
planes r -(i—j+2k)=5and r-(3i + +k)=6.
All India 2013
Suppose the required line is parallel to vector

—> . — s & ~

b which is given by b = byi + byj + bsk.

The position vector of the point (1, 2, 3) is
- . ” A
a=1i+2j+3k

The equation of line passing through (1, 2, 3)

_}
and parallel to b is given by
- —

r=a+Ab

o =G +2] 430+ Ay + byl + bk ...

(1
The equation of the given planes are
o ST % -
r(i—j+2k=5 ... (ii)
— A i ~
and rGi+j+k=6 (i) (1)

The line in Eq. (i) and plane in Eq. (ii) are
parallel.

Therefore, the normal to the plane of Eq. (ii)
and the given line are perpendicular.
(=] +2K) -1 (byi + by + bsk) =0 (1)
= Ab; —by,+2b3)=0
= b,-b,+2b; =0 . (1v)
Similarly, from Eqgs. (i) and (ii), we get

B +] +K-A (b + byj + bsk) =0
- AGBb, +by+by) =0
= 3b,+b,+ b3 =0 (V1)
From Egs. (iv) and (v}, we get

by b, by



COx1—1%x2 2x3-1x1 1x1=3(-1)

b1=b2:b3 €))
3 5 4

=

i
Therefore, the direction ratios of b are -3,5

and_}4. R
o b=-3i+5] + 4k [ b=byi + byj + bsk]

=5
On substituting the value of b in Eq. (i), we
get

= A A A o de B
r=(+2j+3K+A=3i+5j+4k (1)
which is the equation of the required line.

28. Find the coordinates of the point, where the
line through (3,-4, - 5) and (2,—3,1) crosses
the plane, passing through the point (2,2,1),
(3,0,1) and (4,—-1,0). Delhi 2013

Equation of the line passing through the points
(3,—4,—5) and(2,—-3,1)is
Xx~3 y+4 245
2=3 =3+4 1+5

[ X—% _Y~"h _ L%

X2=% Y2a—hn 2274
X—3 y+4. 2+

~1 1 6
= x=—-A+3,y=A-4,7Z=6A-5
. Any point on this line be
(—A+3,A—4,6A-5). (1/2)
Now, equation of plane passes through the

points (x, vy, Z¢) , (X5,¥3, Z9) and (x3,vy3, Z3) is
X—% YW L |

— = A [say] (1%2)

X2=% Y2~ Z27Z 1M
X3=X Y3—V¥1 43— 7

.. Equation of plane passes through the points
2,2,1),3,0, 1)and (4, -1, 0) is



x—2 y-2 z—w
3-2 0-2 1-1|=0
4-2

~]=2 BD~1
x-2 y-2 z-1

= 1 -2 0 (=0
| 2 -3 -1

(x=2)2-0)—(y—2)(-1-0)
+(z-D(-3+4)=

= 2x—4+y-2+z-1=0

= 2x+y+z—-7=0 ...(iX1)

Also, the point of line lies on plane (i).
2(-A+3+(A-4+6A-5-7=0

= —2A+6+A-4+6A-5-7=0

= 5A-10=0

— A=2 (1)

Hence, point of intersection of line and plane

is

(-2+3,2-4,12-5),i.e.(1-2,7. (1)

=

29. Find the vector equation of the plane passing
through the three points with position
vectorsi+j—2k,2i—j+kandi+2j+k. Also,

find the coordinates of the point of
intersection of this plane and the line

— A A ~ ~ ~ -

r=3i-j—k+AQi-2j+k) Delhi 2013
Given position vectors of three points are
(i +; - 2K), 2i —1 +kand( +2,' +k)

We know that, the vector equation of the

plane passing through the three points is
e e

(r=a)-(bxc)=0 (1)
| i ]k
— — . ~ ~
Now, bxc=[2 -1 1|==3i-j+5k(1)
1 2 1



|
. Equation of plane is

_> -~ ~ -~ ~ A ~
[r—G+]-2k)](=3i —j+5k=0

_'_} A I A
— r(-3i —j+5k=-3-1-10

—5 ”~ A -
= r-(=3i— j+5k=-14

— & = ~
= r-(3i+j—-5k =14 (1) (1%2)
Also, given equation of line is
— ~ A A ~ A A
r=3i—j—-k+M2i -2j +Kk) (1)

This line intersect the plane (i), so
[B+2A) +(=1-21)j
| F (=1 +NM-Gi+]-5K=14

=  3-B+2M+1-(-1-2A)-5(-1+A) =14
= 9+6A-1-2A+5-5A=14

=% -A=14-13

— -A=1

A==1 (1%%)

On putting A =-1in Eq. (ii), the required
point of intersection is |

—

r=f+}:—2!2 (1)

30. Find the equation of plane determined by
points A(3,—1,2), B(5,2,4) and C(-1,— 1,6) and
hence find the distance between planes and
point (6,5,9).

Delhi 2013, 2012; All India 2009, 2008C



Given points are A(3,—1,2)B(5, 2, 4), and
C(-1-16).

Now, AB =15 - 32+ 2 +1)? +(4-2)?
-—-m:\/ﬁunits
BC = (1= 5)2 + (1= 2) + (6 - 4)?
=436 +9+4

= 4/49 = 7 units

and CA=+G+12+(1+12+ @2 —6)?
=16 +0 +16

= 4/32 units.

'+ AB + BC # CA, so given points are
non-collinear. Now, equation of plane
passing through three non-collinear points
(X, Y1, Z1), (X9, Y2, Z9) and (X3, y3, Z3) is given
by

L—d ¥=hH <=4
-8 Ya—W Za—H|=0
X3=X% Ys—WN Z3—-4
Here, %, ¥1,2)=3,-12), i
(X9,¥2,22)=105,2,4) (D
and (x3,¥3,23) =(~1,—-16)
Equation of plane is
X-3 y+1 z-2
5-3 241 4-2|=0
-1-3 -1+1 6-2
x—3 y+1 z-2
=5 Z 3 2 =0 (1)
-4 0 4
= (x-=-3)[12-0]-(y+1)(8 +8)
+(z-2)0+12)=0

170 fa n 1L 46: v 1V 10 1 =~ "M N

(1)




= . 1Z\X— D) T U0\ TI) T I1L\L — &)=V
= 12x-36-16y—-16+12z-24=0
=> 12x—-16y +12z2-76=0
On dividing both sides by 4, we get the
required equation of plane as
3x—4y+32-19=0 ...(1) (1%2)

Now, distance of above plane (i) from point
P©,5,9)is

g 3(6) + (-4 (5) +(3)(9) - 19|
VO + (42 + (3)?

“d=|Ax1 + By, + Cz; + D|

JAZ+B2 4+ C2
_|18—20+27—19‘
1/9+16+9
6 .
= —— units (1%’
34

31. Find the length and foot of perpendicular
from point P(7,14,5)to plane2x + 4y —z=2.
Also, find the image of point P in the plane.

HOTS; All India 2012

Let P’ (x,y, z) be the image of the given point

P(7,14,5) and M be the foot of perpendicular
lie on the plane 2x + 4y — z = 2. The equation
of line PM in plane is given by

i—-¢ P Z—5

I'* DR’s of a line is proportional to the



normal to the plane] (1)
X—7 y-14 z -5
e = = =& sa
2 4 -1 Isay]
= X=2A+7,y=4A+14and z=-—A+5
Let coordinates of point M be
RA+ 7,40 +14, — A +5) L) (1)

Since, M lies on the given plane
2X+ 4y -2z =2,

22X+ 7) +4(4A +14) = (=L +5) =2
= AN +14+16A +56 + A —-5=2

21 +63=0

— }Lzﬁz—?)

21
(1)

Let

U

On putting A = - 3 in Eq. (i), we get
M=(,2,8)
. Foot of perpendicularM is (1,2, 8). (1)
Also, length of perpendicular PM = Distance
between points P and M

J0=72+@2 -142 + @8 - 5)2

i 5 5 = .
l .'distancez\/(x2 )"+, —y)
L + (22 i 21)

2

=36 +144+9
= /189 units (1)

Now, M= Mid-point of P and P’

- (12’8):[x+7’)/+14’2+5]

2 2 2



On equating corresponding coordinates, we
get

x+7:1,y+14=2and Z+5 _8
2 2 J
= Xx=2-7,y=4-14andz=16 -5

=0 Xx=-5y=—-10and z =11
Hence, image of point P(7,14, 5) is
P’ (=5,-10,11). (1)

32. Find the equation of plane which contains
the line of intersection of planes

o +2]+3K)—4=0,7-Q2f +]-K+5=0
and which is perpendicular to plane

ey A & A
r-(5i +3j - 6_k) + 8| ={), All India 2011

Given, the required plane contains the line of

intersection of planes whose equations are
_>

roG+2]+3k-4=0 .00
—> i _ ~
and rQi+j-k+5=0 (i)

Egs. (i) and (ii) can be written in cartesian
form

X+2y+3z-4=0
and 2x+y—-z+5=0 (1)
*So, the required equation of plane is
(x+2y+3z-4+A 2x+y-z+5=0
cssy i)
= X+2y+3Z -4+ 2Ax+ Ay
-AZ+5A=0 (1/2)
=x1+20)+yR+MN+z3-A)
+(-4+5M)=0 ..(iv) (1/2)

Also, given that plane in Eq. (iv) is
perpendicular to the plane

— o & ~
r-(5i+3-6k+8=0

which in cartesian form can be written as



5x+3y—-6z+8=0 ..V
50+20+3R2+M)-63-AM)=0
v qay + bbby, +cic, =0,
where a; =1+2A, b, =2+ A, ¢c;=3-A
land a;=5,b,=3,c,=-6

=

(1)
= 5+10A+6+3A-18+6A =0

19A-7=0 = A= @
19

J

On putting A = é— in Eq. (iii), we get the
required equation of plane as

(x+2y+3z—4)+%(2x+y—'z+5)=0

=  19x+38y+57z -76 +14x
+7y-7z+35=0 (1)
= 33x + 45y + 50z - 41=0

In vector form, the required equation of plane
%

is r -(331 + 45] +50k) = 41 1)

33. Find the equation of plane passing through
the line of intersection of planes
2x+y—-z=3and5x-3y +4z+9=0and

¥—8 2~5

A 5 -
HOTS; All India 2011

parallel to line g ; e



Given equations of planes are
2X+y- 2=3=0 vaskl]
and 5x-3y+4z+9=0 -.(1i) (1)
Let the required equation of plane which
passes through the line of intersection of
planes (i) and (ii) be
2x+y—-z-3)+ABx-3y+4z+9) =0
.. (i)
=x2+5M)+y1=-30)+z (-1+4A)
+(=3+9A) =0 ...(iv)(T)
Here, DR’s of plane are 2 + 5A,1- 34,
—~1+ 4A. Also, given that the plane (i) is
parallel to the line, whose equation is
=T =3 Z—9
“HRRS S
DR’s of the line are 2, 4, 5.
Since, the plane is parallel to the line.
Therefore, normal to the plane is
perpendicular to the line. |
i.e. aa,+bby,+cic,; =0 (1
Here, a, =2 + 5A, by =1-3A,¢c; = -1+ 4A
and a;=2,by,=4,c,=5
202450 +401-30M+5(-1+40)=0
= 4+10A+4-12A-5+20A=0

— 18A+3=0 = k:—i=_l(1%)
18 6

On putting A = - % in Eq. (iii), we get the
required equation of plane as
2x+y-2z -~3)-—g-(5x—3y+4z +9) =0

= 12x+6y -6z -18 -5x+3y—-4z-9=0
7x+9y —-10z -27=0 (1%%)



34. Find the equation of plane passing through
the point (-1, 3, 2) and perpendicular to each
of the planes x + 2y + 3z = 5 and
3x+3y+z=5, Foreign 2011; All India 2009

Let the required equation of plane passing
through (-1, 3,2) be

alx+1)+b(y-3+c(z-2)=0 (D) (1)
- equation of plane passing through |
(xlr Y'If Z])iS
| a(x—x) +bly—y)+c(z-2z)=0 |

Given that plane (i) is perpendicular to the
planes whose equations are

x+2y+3z=5 (i)
and 3x+3y+z=5 ..(iii)
did) + b-|b2 +CiCy = 0 (1)

Using the above result first in Egs. (i), (ii) and
then in Eqgs. (i), (iii), we get
a+2b+3c=0 ...(iv)

and 3a+3b+c=0 (1)
On multiplying Eq. (iv) by 3 and subtracting
it from Eq. (v), we get

3a+3b+c =0

3a+6b+9c =0

-3b-8c =0
= -3b =8¢

3
: 8c . :
On putting b = — 5 in Eq. (iv), we get
a+2(—§§—)+3c=0

—— :;—LE-’E-&-"‘}{‘::O



= a=— (112)

Now, on putting a = %C and b = - B?C in Eq.

(i), we get the required equation of plane as
Z(E~(><+1)-—8—C(y—3)+c(z ~-2)=0
3 3
On dividing both sides by ¢, we get
7 8
—x+1)—-=y-3)+(z-2)=0
3 3 ¥

=% 7X+7-8y+24+3z2-6=0
[multiplying both sides by 3]
7X-8y+32+25=0  (1%)
35. Find the vector equation of plane passing
through the points A(2,2,-1),B (3, 4,2) and

C (7,0, 6). Also, find the cartesian equation of
plane. Foreign 2011

First, we check whether the points are
collinear or not.

Given pointsare A(2,2,-1),B(3, 4, 2) ard
C(7,0,6).

AB=B -2 +(4-2)7 + 2 +1)?

| (xy = X)) + (Y3 — y)*
.- distance= | 2 Y2=h 5
+(z,—Z¢)

= J1+4+9 =14 units




BC = (7-32+0 - 4% +(6 -2
=\/16+16+16 = /48 = 44/3 units

and CA=42 - 7% +@2 -0)? + (-1-6)?
:\/25+4+49=\/%unit5

-+ AB + BC # CA, so points A, B, C are
non-collinear. (1)
Now, the equation of plane passing through
three non-collinear points (x, v4, Z1),

(X5, V2, Z5) and (X3, y3, Z3) is given by

X=X Y =W £~ 4
X3—%  Ya-W Z3-7|=0
X3 =X 3=V 2434
Here , (x, V1, 29 =2, 2, = 1), (X3, ¥2, Z3)
= (3, 4,2) and
(X3,¥3, Z23) =1(7,0,6)
. Equation of plane is
Xx—2 y—2 Z+1
3-2 4-2 2+1|=0
7-2 0~-2 6 +1
S e 2 z+1
= 1 2 . 3 |=D (11%2)
5 -2 7

Expanding along R,, we get
x=2)(14+6)—(y—2)(7-15)
+(z+1)(-2-10)=0
= x—-2)-20-(y-2)(-8)+(z+1(-12)=0

— 20x — 40 + 8y — 16
-12z2-12=0 '
= 20x+8y—-12z-68=0 (1%)

On dividing both 51des by 4, we get

_— 1 =7



DX+ 2y —3Z =1/

which is the required cartesian equation of
plane.

Now, we know that, vector form of cartesian
equation ax + by + cz =d of plane is given
by

—>

r(ai +bj +ck=d (1
. Required vector equation of plane is

— S A ~

r-Gi+2] -3k=17 (1

36. Find the equation of plane passing through
poirit (1, 1, 1) and perpendicular to planes
x+2y+32-7=0and2x -3y + 4z =0.

Foreign 2011

Do same as Que. 34.
[Ans. 7x + 2y — 7z — 26 = 0]

3. Find the vector and cartesian equation of a
plane containing the two lines
?=(2F+f—3i2)+?u(?+2f+ 5k) and
=03 +3] +20) + u B - 2] + 5k).

Also, show that the line

F =@ +5] +2K) +P (37 - 2] + 56 lies in the
plane. All India 2011C



Given equations of lines are
-

F=Qi+]-30+AG+2]+50  ..0)

— % i3 A A ~
andr =Gi + 3] + 2K +u 31 = 2] + 5k)...GI)T)

On comparing Egs. (i) and (ii) with the vector
- - —>

equation of line r = a + A b respectively, we
get

—3 & i A = - i ~
a,=2i+j-3k b,=i+2j+5k

—> & =¥ k. ~
and az=3n'.+3!‘+2k,b2=3f—2];+5k (1)
Now, the required plane which contains the

lines (i) and (ii) will pass through
=

a, = 2F 4 f= 3k. Also, the required plane

- —
has b, and b, parallel to it.

. The normal vector to the plane

i ]k
- - —
n=b,xb,=|1 2 5
3 -2 5
=i (10+10)- ]G -15+k (=2 - 6)
=20i +10j - 8k (1)
. The vector equation of required plane is
given by
- = o 5 e
(r-=a)-n=0 = r-n=a,-n 5 o
[ here, a = a1]

—3 A A - & e A~
= r-(20i +10j -8k} =(Q2i +j — 3k) -
(207 +10] — 8K) (1)

—3

= r -(20i +10] — 8k) = 40 +10 + 24 = 74

- % = A~
= r -(10] + 5] - 4k) = 37 [dividing by 2]...ii)



which is the required equation of plane.
Also, its cartesian equation is given by
10x+ 5y — 4z =37

— =g

— A & Py
-~ vector formof plane r-(a;i + a,j + a;k) =d

can be written in its cartesian form as
HX+ay+ayz=d

~ Now, we have to show that the line
—>

=Qi+5]+20+P @i —2] +5k ...(v)
lies in the plane (iii). (1)
The above line will lies on plane (iii) when it

passes through the point a =2i + 5,- + 2k of
line (iv) and it is parallel to line (iv).

A
a-(10i +5] - 4K
=27 +5] +2K-(10] +5] — 4k)
=20 425 ~8=37

— 2 lies on plane whose equation is given
by Eq. (iii).
Hence, line (iv) lies on the plane (iii). (1)

38. Find the equation of plane passing through
the point (1, 2, 1) and perpendicular to line
joining points (1, 4, 2) and (2, 3, 5).

Also, find the coordinates of foot of the
perpendicular and the perpendicular
distance of the point (4, 0, 3) from above
found plane. HOTS; Delhi 2011C



Required equation of plane passing through
pointR (1, 2, 1) and is perpendicular to line PQ,
where P(1, 4, 2) and Q (2, 3, 5).

DR’s of the line PQ are

=(2-13—-45-2)=(,-13) (1
Let the required equation of plane which
passes through point R(1, 2, 1) be

alx—-1N+bly-2)+c(z-1=0 owall)
Plane (i) is perpendicular to line PQ.

[-.aya, + byby + c;c5 =0]
1Mx-1N-1y-2)+3(z-1=0

- line is perpendicular to the plane, then
Dr's of normal to the plane are proportional

tothe Dr'sofalinei.e. ae<l, boc—T1cCco3 |

= X=1-y+2+3z-3=0
— X-¥+3z—2=0 BT & )]
which is the required equation of plane.

Now, let B(x;, 4, z;) be the foot of
perpendicular on above plane (ii). So, it must
satisfies Eq. (ii).

% =y &3z, =2=0 ... (iii)
A4,0 3

/ B{Xj,}/'j,Z‘]) /
(1)

Also, DR’s of line AB normal to above plane
(i) are given by
X1 _4ry1 _Drzl =
.X1-4d_y1""0 21—3

1 =1 3




[- DR’s of line AB and plane (iii) are
proportional]
x—4 v _z71-3
it <& 3
= x=A+4y,==A%2z;=3A+3 ..(iv)
On putting above values of X, y; and z, in
Eq. (iii), we get
A+4+A+9A+9-2=0

=5 TA+11=0 =2 11A=-11
A A=-1 (1%2)
On putting A = — 1in Eq. (iv), we get the
required foot of perpendicular as

B(xi,y;, z)=BMA+4 A 3L+3)=B(3,10)
Also, perpendicular distance AB, where |
A(4,0,3)and B(3,1,0)

AB=13-42+01-07+(0 -3

2
— + P—
~distance = U
+(z, — z,

i m = 11 units (1%%2)

NOTE If line is perpendicular to the plane, then
DR’s of normal to the plane are proportional to the
DR’s of a line.

Let =k [say]

)2

)2

39. Find the equation of plane passing through
point P(1, 1, 1) and containing the line

= (=3i + + 5k + A (30 - ] — 5k). Also, show
that plane contains the line

F=(=+2]+ 50+ - 2] - 5k
All India 2010



Equation of plane passing through point P(1, 1, 1)
is given by

alx—-1+bly-0+c(z-1=0 (D
[.- equation of plane passing through

(X;, ¥4, Z;) is given as a (x — x) + b (y — y;)
+c(z -2z =0]

Given equation of line is
.._)

r=(=3i+]+50+AGi -] -50 ...
DR’s of the line are 3, -1 and -5 and the line
passes through point (-3, 1, 5).
Now, as the plane (i) contains line (ii), s0
a(-3-1)+b(d-1N+cB-1)=0
as plane contain a line, it means point
of line lie on a plane.

= =da ¥+ 4¢c =0 .. (1) (1)
Lo - 4a=4c
— a=cCc

Also, since DR’s of plane are normal to that
of line.

3a—b-5c=0 (i)
[ plane contains line, it means DR'’s of plane
are perpendicular to the line, i.e.

aa, + bb, + ccy =0]
On putting a = c in Eq. (iv), we get

3c-b-5c=0 (1)
= -b-2¢c=0
= b=-2c

On putting a = ¢ and b = —2c in Eq.(i), we
get the required equation of plane as
cix-1N-2cly-1N+c(z-1=0
On dividing both sides by ¢, we get
x-1-2y+2+2z-1=0
= x-2y+z=0 (V)(1'2)

T TSI OS TYSTRNEUI ) e R aype, [EAESRSSRSTRIL [



NOW, WE 1dVve LU SIUW LildL UIT auuve pialic

(v) contains the line
—>

F=(=i+2] +50 +p (i —2j -5k ...(vi)
Vector equation of plane (v) is

ﬁ ) o o "
r-(i—-2j+k=0 . {vil)

The plane (vii) will contains line (vi), if
P - =

(-2]-50-(G-2j+k=0 [ bi-b2=0]
= NH1)-2((-=2)-51)=0
= 1+4-5=0
0 =0, which is true. (1%)

oo
Hence, the plane contains the given line.

40. Find the coordinates of the foot of
perpendicular and the perpendicular
distance of point P(3, 2, 1) from the plane
2x —y+z+1=0. Also, find image of the
point in the plane. All india 2010

Do same as Q. 31.
" Ans. Foot of perpendicular = (1,3,0), |

perpendicular distance = J6 units

Image point =(-14,-1)

41. Find the distance of the point (2, 3, 4) from

it W (; 2.2 measured parallel
to the plane3x +2y +2z-5=0.
HOTS ; All India 2009C

the line



Let P(2,3,4) be the given point and given
equation of line be

x+3 y—-2 _Z

3 6 2

X+3 .- z
Let =l-—=—=A say
- = [say]

= x=3A-3,y=6A+2,z=2A
+.Coordinates of any point T on given line are
(3L —3,6A +2,2A). (1%%)
Now, DR’s of line PT
= BA~-3-2,6A+2-3,2A—-4)
=3A—-56A—-12A -4 (1)
Since, the line PT is parallel to the plane
3x+2y+2z-5=0
2 a]az+b-|b2+ C-|C2=0
- line is parallel to the plane, therefore normal |
to the plane is perpendicular to the line,
Wherea1 =3}L'—5,b] 36)‘.—1,(:1 =2\ -4
_and az=3, b2=2,'C2=2 |
= 30BA-54+206AL-1V+2QR2A-4=0(1%)
= 9A —15+12A-2+4A-8=0
= 2524 —25=0 = 25A=25

= A= (1
~.Coordinates of T = (3L =3, 6A + 2, 2A\)

=(0,8,2)  [sputh=1]
Now, the required distance between points
P2,3, 4 and T(0, 8, 2) is given by
PT =0-22+@ - 32 +(2 - 4’
[o (6, v, 21)=@2,3,4 and
(X5, Yo, Z2) = (0, 8, 2)]
= 4+ 25 + 4 =+/33 units (1




42. Find the distance of point (-2, 3, —4) from the
x+2 2y+3 3z+4

4
parallel to the plane 4x + 12y -3z +1=0.
HOTS; All India 2009C, 2008C, 2008

measured

line

7 -
Do same as Que. 41. [Ans. 5 umts}

43. Find the coordinates of image of point
(1,3,4)inthe plane2x -y +z+3=0.
All India 2008

Let Q(x,y;, z;) be the image of the point

P(, 3, 4 on the plane whose equation is |
2x-y +z+3=0 ...(1)

P(1,3,4)
[ v
:
YQ (x4, y1, Z1) (1

Now, the line PT is normal to the plane, so
the DR’s of PT are proportional to the DR's of
plane which are 2, -1 and 1.
~.Equation of line PT, where P(1, 3, 4) is given
by
x-—1=y—3=z~4 G
2 -1 1
-+ equation of line passing through

X=% .. Y~ h Z—5

a b C
x—]_y—?:_zﬂ-4_;‘b

2 -1 1
— X=2A+1ly=3-Az=4+A

"

one point is

Let

— | K] . Falil |



~.Loordinates or the point | |
=2A+13-A,4+A) ..(ii1)

Since, the point T lies on the plane, so we
putx=2A+1ly=3-Aandz=4+Ain

Eq. (i),
we get 2(2h+1)—(3-l)+(4+k)+'3;0
=3 4A+2-3+A+4+A+3=0"

= 6A+6=0
= 6A=—-6
A=~-1 (1%)

On putting A = — 1in Eq. (iii), we get the
point T(-1, 4, 3).

Now, T is the mid-point of line PQ. So, using
mid-point formula, we get

/ !

2 p. 2
- mid - point |
___(’ﬁ TX _ Nty _ 4 "‘22]
2 2 2 ]

On equating corresponding coordinates, we

get
x+1_ 1)«'1+3 4r/'_'1+4
2 2 2
=3 x=—-2-1y;,=8-3,2,=6-4

=> =-3,¥9=52,=2

=3

Hence, image Q of the point P(1, 3, 4) is
(-3, 5, 2). (1%)

44. From the pointP (1, 2, 4), a perpendicular is

drawn on the plane2x+ y -2z + 3 =0. Find
the equation, the length and the coordinates
of foot of perpendicular. All India 2008



Let PT be the perpendicular drawn from the
point P(1, 2, 4) to the plane whose equation is
given by '

2x+y—-2z+3=0 -

2{1,2 4

[ - |

2X+y-22+3=0

From Eq. (i), DR’s of plane are 2, 1, -2.
Since, the line PT is normal to the plane, so
DR’s of line normal to plane are 2, 1, =2. (1)
~.Equation of line PT,
where P(1, 2, 4)is given as
=] y=d z=4
2 1 —2
.+ equation of line passing through one

X=X% _Y~WN _Z~-1Z

...(i)

point is

a b C
x-1 y=-2 z-4
Let = = = ) sa
3 1 3 [say]
o Bl g Yot g 2% 4
2 1 —~2
= x=2A+ly=A+2,z=-2A+4

. Coordinates of any random point on plane
are

TRA+TLA+2,-2A+4) (i) (1%%)
Since, T lies on the given plane, so we put
x=2A+1ly=A+2andz=-2A+4inEq.
(i), we get
2QA+1)+A+2)-2(-2A+4H+3=0
-~ AA+2+A+2+40L-8+3=0
— 9L -1=0

l:l (112)



g °
On putting value of A in Eq. (iii), we get the
foot of perpendicular

=T(%+1,-1—+2,—%+4] put?&zl
9 9 9 9

-r(U1,12,34

9 9 9

Also, length of perpendicular PT = Distance
between points P and T

2 2 2
-5) +2-5) (-3
9 g 9
% (x‘lr y1r Z'I} = {1;' -2.# 4)

11 19 34
and (x,, y2,22)=(— — -——)

999
(23] +(3)
=l —-=| +|—-=| +|=
9 9 9
=J1+1+i=_2=1:1mn“,
81 81 81 81 9 3

Now, the equation of perpendicular line PT,

where P(1, 2, 4) and T(u , L s , 3—4J is given as
9 9 9

X—=1 'y=2 Z=i
U g B, 32,
9 9 9

“» using two points form of aline

X_‘X-! - y_y] _ Z_Z-|

Xo2=X% Y2a—VN 24
X3 ¥=2 x4

5) G) (-3)

x-1_ y-2 z-4
2 1 -2

U

(1)




45. Find the equation of plane passing through
the point (-1, -1, 2) and perpendicular to
each plane 2x+3y -3z=2and

5x -4y + z=06. Delhi 2008
Do same as Que. 34.
[Ans. 9x +17y + 23z - 20 =0]

46. Find the equatfon of plane passing through
points (3, 4, 1) and (O 1 0) and parallel to

x+3 . s = - HOTS; Delhi 2008

Equation of plane passing through the point
(3, 4, 1) is given as
alx=-3)+bly-4H+c(z-1=0 oot}
[ using one point form of a plane
alx—x)+bly—-y)+c(z-z)=0]

Since, given plane (i) is also passing through
point (0, 1, 0).

So, this point also satisfies equation of plane.
al0-3+b(1-49+cO-1=0

=3 -3a-3b-c=0

— 3a+3b+c=0 ..(ii) (1)

line

Also, given that plane (i) is parallel to the line
X+3 YP—-3 Z—2
2 7 5
[ .line is parallel to the plane, therefore
normal to the plane is perpendicular to the
line, i.e. a,a, + byb, +c,c, =0
where, a3, =ab, =b,c;=c
landa,=2,b,=7andc,=5 |
2a+7b+5¢c =0 (i) (1%2)
On multiplying Eq. (ii) by 2 and Eq. (iii) by
3 and then subtracting, we get
6a + 6b + 2c =0

6a+ 21b+ 15¢c =0




—15b —13c =0
=5 _15b =13¢

On putting b = -_1153—(: in Eq. (ii), we get

3a+3(-13c)+c=0
15

= Ja~—c+c=0
=> 3a—§£=
5
= 33-_—?—5—
5
a:a—c (1%)

; 8¢ I :
On puttinga=—and b=-——in Eq. (i),
? 2 15 15 g3l

we get the required equation of plane as

8c 13¢
—(Xx=3)——(y—-D+c{z-1)=0 (1)
13 15 4 ‘ |
On dividing both sides by ¢, we get

8 13

— x=3)-—=y-4H+z-1=0

15(x ) 156’ )+ Z

= 8x-24-13y+52+15z-15=0
2 8x—-13y+15z+13=0 (1)
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